In this chapter, an exergy analysis applied to a solid oxide fuel cell (SOFC)/vapor adsorption refrigeration (VAR) system is presented. The influences of four significant parameters (current density, inlet fuel temperature, fuel utilization and steam-to-carbon ratio) on the exergy efficiency of both the SOFC stack and the SOFC-VAR system are investigated. In order to do so, a mathematical model is constructed in Engineering Equation Solver (EES) software to generate the simulations. The analysis shows that the calculated exergy efficiency is around 8% lower than the energy efficiency for both cases. Moreover, it is found that most of the causes of irreversibilities in the system are due to electronic and ionic conduction in the components. It is also shown that the exergy efficiency is substantially sensitive to fuel inlet temperature, which is evidenced by a bending-over behavior. Finally, in accordance with the calculated efficiency defects, the main exergy destructions are present in the heat exchangers, the SOFC, the afterburner and the generator.
Introduction
Recent research developments on alternatives to generate electricity are being directed to leading-edge technologies such as solid oxide fuel cells (SOFC). A fuel cell is considered as a highly efficient, environmentally friendly device to generate affordable energy [1, 2] . It is well-known that a solid oxide fuel cell converts the chemical energy of a fuel into electrical energy by means of an electrochemical reaction at high operating temperatures (600-1000 C). It is this type of reaction which makes it a more efficient way to produce electricity than a conventional steam engine that depends on a quite irreversible combustion reaction. Hence solid oxide fuel cells are attracting considerable attention from worldwide researchers.
At present, most of the studies are focusing on the development of multiproduct power generation systems to enhance significantly the overall efficiency of the system [3] [4] [5] [6] [7] . Furthermore, developments of hybrid systems are being expanded to run other power generation systems as trigeneration systems [8, 9] , steam turbines [10, 11] and gasification [12] . In this context, a comparative energy and exergy analysis of an SOFC/GT waste heat to power conversion employing Kalina and Organic Rankine cycles is reported [13] . The study reports an exergy efficiency of 62.35% for the combined SOFC/GT-ORC system and 59.53% for the combined SOFC/GT-KC system. In another study, a new solar-based multi-generation system integrated with ammonia fuel cell and solid oxide fuel-cell-gas turbine combined cycle reports an energy and exergy efficiency increase of up to 19.3 and 17.8%, respectively, in comparison to single generation systems [14] . It is also an interesting study performed to determine the effect that the anode and cathode SOFC-stack recycling gas has on both the thermodynamic and thermoeconomic performance of a proposed cooling, heating and power (CCHP) system. Therein, the results show that the total energy efficiency of the trigeneration system with anode gas recycle (Tri-SOFC-AR) is 6% larger than that of a simple case [15] .
Furthermore, the energy and exergy analysis is also applied to hybrid combined cooling, heating and power (CCHP) plant coupled with a molten carbonate fuel cell (MCFC) and Stirling engine [16] . In this system, the modeling and simulation show overall energy and electrical efficiencies of 71.7 and 42.28%, respectively. Micro combined power systems are also drawing particular attention from researchers. For example, a study of a micro combined cooling heating and power (CCHP) system based on high-temperature proton exchange fuel cell (PEMFC) reports an overall efficiency of 47% under winter and normal operating conditions [17] .
Some researchers are also making many studies concerning the use of alcohol fuels in SOFC integrated systems. Alcohol fuels such as methanol and ethanol are being considered as promising alternative fuels since they are fluid and some of their chemical and physical properties are similar to gasoline [3, 18] . Tippawan et al. [19] investigated the influence of changing the current density, SOFC temperature, fuel utilization and SOFC anode recirculation on the efficiency of heating cogeneration, cooling cogeneration and trigeneration for an ethanol-fueled integrated SOFC system. Therein, the trigeneration exergy efficiency increased 32% in comparison to conventional power cycles.
On the other hand, other investigations are focusing particularly on the optimization of integrated SOFC systems. Hosseinpour et al. [20] performed an exergy optimization of a cogeneration system based on a methane-fed solid oxide fuel cell (SOFC) integrated with a Stirling engine. Therein, the objective function is the exergy efficiency. In accordance with the study, the optimum value for the exergy efficiency is 56.44%. In a more complex study, a multiobjective optimization of a SOFC-GT power plant is performed [21] . In this particular case, the cost function value and the exergy efficiency are the objective functions. Through application of a fuzzy multi-objective method, the optimum point for the cost function value is 0.043 (US$/s) and for the exergy efficiency is 57.7%, approximately.
In this context, the present work aims to contribute to the analysis of possible affordable hybrid systems, so an exergy analysis of a solid oxide fuel cell/vapor adsorption refrigeration system is presented herein. The objective of this chapter is to investigate the influences of four significant parameters (current density, inlet fuel temperature, fuel utilization and steam-tocarbon ratio) on the exergy efficiency of both the SOFC stack and the SOFC-VAR system. In order to do so, a detailed model is constructed with the fundamental equations that govern the operation of the components. Special attention is paid to the components where most of the input exergy is destroyed. It is important to comment that the simulation is performed using engineering equation solver software. Furthermore, both SOFC and VARS models are based on reliable data and parameters obtained from a literature review. So models are calibrated and validated comparing results with data reported by, respectively, Tao et al. [22] and Herold et al. [23] . The simulation model provides mass, energy and exergy balances for each component of the system and calculates efficiency parameters such as the energy and exergy efficiency as well as the efficiency defects.
Energy system description
The schematic flow diagram of the integrated SOFC-Adsorption system considered herein is depicted in Figure 1 . The energy system consists of an SOFC stack with internal reforming of feed gas at the anode side, an afterburner, a mixer, three pre-heaters and a DC/AC inverter. Anode and cathode exit streams are fed into the afterburner, the exhaust gas is then used to preheat the supply of fuel and air. The high-grade heat yielded in the SOFC reaction is used to perform the reforming process. In order to improve the overall efficiency of the SOFC, the exhaust gas from the stack enters a LiBr-H 2 O-based vapor adsorption refrigeration system (VARS) coupled to it. [24] .
For the sake of simplicity, several assumptions have been considered in the present analysis. The study is carried out under thermodynamic equilibrium and steady-state conditions ( Table 2) . Kinetic and potential energy effects are negligible. The assumptions are:
A. For the solid oxide fuel cell:
1. Air consists of 79% N 2 and 21% O 2 .
2. All gases are considered as ideal gases.
3. Gas mixture at the fuel channel exit is at chemical equilibrium.
6. Temperature at the channel inlets is the same. Also, temperature at the channel exit is the same.
7.
Radiation heat transfer between gas channels and solid structure is negligible.
B. For the vapor adsorption refrigeration system [23] :
1. Water is considered as refrigerant (at states g-j).
2.
States a and h are considered as saturated liquid. 
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3.
Water is considered as saturated vapor at state j.
4.
Pressure in generator and condenser are equivalent.
5.
Pressure in the evaporator and absorber are equivalent.
3. SOFC mathematical modeling
Electrochemical model
Modeling of the electrochemical part can be as complicate as the study requires it, and most of the current literature provides basic models developed under the zero-dimensional assumption [6, 8, 25] . The main idea of such modeling is to have mathematical equations that mimic the connection between the chemical energy of the fuel and the electrical power. So, the mechanisms of reaction involved are:
Input data
Temperature difference between SOFC inlet and outlet 100 K Fuel cell inlet temperature 1000 K
Fuel utilization factor 85%
Steam-to-carbon ratio 2.5
Fuel cell pressure drop 2%
Heat exchangers pressure drop 3%
Afterburner pressure drop 5% Table 1 . Characteristics of the SOFC as reported in [24] .
Advanced Exergy Analysis of an Integrated SOFC-Adsorption Refrigeration Power System http://dx.doi.org/10.5772/intechopen.74201 69
For the steam reforming reaction:
For the shifting reaction:
Thus the net electrochemical reaction of the fuel cell is given as:
Reforming and shifting reactions are carried out within the fuel cell stack, so the energy required for the reaction is directly supplied by the fuel cell as heat. The real velocity at which both chemical and electrochemical reactions are carried out are based on the following equilibrium reactions:
For the real reforming reaction:
For the real shifting reaction:
For the real net electrochemical reaction:
where X r , Y r and Z r represent the conversion ratios during the reactions.
The equilibrium constants for the reforming and shifting reactions can be formulated as a function of the operating temperature as follows:
The values of the constants are given in Table 3 as suggested in [26] .
Reforming Shifting Table 3 . Constant values for the equilibrium constant equation.
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The equilibrium constants can also be determined as a function of the molar fraction of each species as now described.
For the reforming reaction:
Here, each equilibrium molar fraction of species i is represented by y i eq , and it can be written as a ratio between the equilibrium number of moles of species i and the total number of moles at equilibrium.
On the other hand, the equations used in the modeling for calculating the maximum voltage achievable by the solid oxide fuel cell are: (11) where V N represent the Nerts voltage and V Loss stands for the voltage losses. It is important to recall that after a SOFC delivers electrical current, its components exhibit a resistance which results in voltage losses. These voltage losses are generally classified as ohmic, activation and concentration polarization losses. Accordingly,
For simplicity, the total ohmic losses can be evaluated through the equation
where r is the area-specific resistance which depends on material thickness, δ, and on the SOFC operating temperature because of the resistivity exponential dependence. For further details of the model see [1, 7, 26] .
As for the concentration losses, they are worked out using the Fick's Law of diffusion and the definition of the limiting current density i L (corresponding to a surface concentration value of zero) [27] :
hereafter
Finally, the activation losses can be described by the Butler-Volmer equation [1] :
where i o is referred to as the exchange current density. So applying Eq. (20) to both anode and cathode half reactions, it becomes
Accordingly, the activation losses can be calculated as follows
However, Eq. (23) is only valid as long as the current density is higher than the exchange current density, see [2, 3] . Accordingly, the current density can be worked out as:
where A c is referred to as the cell activation area. Then, the total electrical power generated directly from the SOFC stack is given by
whereas the net electrical power results from subtracting the power consumed by other components, that is,
where η inv is the inverter efficiency.
Thermodynamic model
In order to model the distribution of energy and exergy in the SOFC-VARS system, it is important to set both the boundary of the entire system and control volumes for each component as depicted in Figure 1 . Both energy and exergy analyses are performed at steady-state condition. Kinetic and potential energy changes are negligible.
General energy balance
In accordance with the first law of thermodynamics, the energy balance for any system can be written as:
Based on Eq. (28) and Figure 1 , the energy balance for the SOFC and VARS system is provided, respectively, in Tables 4 and 5 . And, Table 6 provides the energy performance parameters to be evaluated.
Component Energy balance Eq.
Air compressor
Heat exchanger 1
Heat exchanger 2
Heat exchanger 3
Mixing chamber 
General exergy balance
Provided that the SOFC presents both chemical and electrochemical reactions, it is required to consider two exergy contributions, namely, physical and chemical exergy. Hence the general exergy balance for a given control volume is:
where _ I is referred to as the exergy destruction ratio, see [28] .
The physical and chemical exergy are evaluated, respectively, using the following equations [7] :
Solution pump
Solution valve
Refrigerant valve 
SOFC stack AC electrical power
(51) Table 6 . General parameters of performance.
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where e ch, o x, i is the standard chemical exergy as proposed by Szargut et al. [29] ; y i refers to the molar fraction of each species.
For the particular case of the VARS subsystem, the exergy of the Li-Br solution can be calculated using the model proposed by Palacios-Berech [30] . The model calculates the chemical exergy of the dissolution as a function of the H 2 O and LiBr activities, the molality and the osmotic coefficient as described in Table 7 .
where a i and b i are constants whose values are provided in Table 8 [31].
The exergy balances for SOFC and VARS subsystems are given respectively in Tables 9 and 10.
In this work, the exergy analysis of the system is simplified using the general definition of exergy efficiency which is referred to as the ratio between the exergy rate of the product and the exergy rate of the fuel. Consequently, it is possible to write the exergy efficiency of the SOFC stack as: 
Osmotic coefficient
LiBr activity a LiBr ¼Àν ln m ðÞ þ whereas the exergy efficiency of cogeneration is defined in this work as:
Validation of SOFC and VARS models
Any mathematical model is not useful if this has not been previously validated with either experimental data or previous works. Hence validation of both SOFC and VARS models is carried out in this section. For the case of the SOFC model, this is validated with a previous work introduced by Tao et al. [22] . As for the VARS model, it is validated with data taken from Herold et al. [23] .
From Figure 2 , it can be deduced that the model developed here has a good fit along a broad range of current density, but shows a slight deviation at the end of the curve (at higher current densities) which can be considered to be negligible (error less than 3%). Likewise, the VARS Component Exergy balance Eq. 
Solution pump
Condenser model used herein is seen to exhibit good agreement with previous works, Figure 3 . In this particular case, the validation is worked out by comparison of two important parameters used to evaluate the performance of an adsorption refrigeration system, namely, the coefficient of performance (COP) and the rate of heat transfer in the evaporator as a function of operation temperature of the generator.
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Results and discussion
For the actual analysis, the current density, operation temperature, fuel utilization factor and steam-to-carbon ratio are considered as decision variables. The thermodynamic performance of the SOFC and the cogeneration system, i.e. its exergy efficiency, is then obtained by varying the decision variables over an acceptable operation range. So the variations of the exergetic efficiencies with such decision variables are explained to understand their nature.
Current density
One of the important parameters used to characterize the performance of a fuel cell stack is the current density when plotted versus the cell voltage, known as the polarization curve as shown in Figure 4 . Hence it is important to study its effect on both the SOFC and the global exergy efficiencies.
The calculated variations of both energy (η) and exergy (ψ) efficiencies of the SOFC stack with current density under a constant U f = 0.85 and T = 1000 K are depicted in Figure 4 . It clearly shows the dependence of efficiency on current density. Figure 4 . Variation of the SOFC energy and exergy efficiencies with respect to current density.
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As expected, the calculated values for the exergy efficiency are slightly lower than those worked out for the energy efficiency. The reason is because the energy analysis does not take into account irreversibilities generated into the SOFC stack, so it assumes that more useful energy is available. Another important implication of Figure 4 is that lowering current density increases both efficiencies as reported in literature [8] , which is due largely to the reduction of voltage losses at lower current densities in accordance with literature [1] .
The effect of current density on both efficiencies is further expanded to the whole system (cogeneration system) as evidenced in Figure 5 . Moreover, it is observed that the first law efficiency of the cogeneration system is 15% higher than the first law efficiency of the SOFC attack alone. Likewise, the exergy efficiency maintains such a percentage difference. This is expected because the sensible heat of the stack gas is captured and converted into useful thermal energy to drive the adsorption refrigeration system. So cooling is available as second product. Furthermore, it is noteworthy to mention that the overall exergy efficiency is similar to other previous works [8, 32] . Figure 6 shows the results of the calculated exergy efficiencies for both SOFC stack and cogeneration system as a function of the fuel utilization factor. It is very clear that lowering the operating temperature at a given U F , the exergy efficiency increases. This applies to both the SOFC stack and the cogeneration system. For the particular case of the cogeneration system, lowering temperature from 1000 to 900 K at UF = 0.85, the exergy efficiency increases by roughly 15%. Whereas, for the SOFC stack, its exergy efficiency increases by only 10%. This behavior stems from the fact that at lower temperatures the effect of leakage current is less significant, which causes the exergy efficiency to rise. It is, however, possible that at lower temperatures the polarization losses increase too. To some extent, it is desirable to operate at Figure 5 . Variation of the cogeneration energy and exergy efficiencies with respect to current density.
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U F values lower than 0.85 and low temperatures as efficiently as possible. Consistent with Figure 6 , the effect of temperature on exergy efficiency can be better studied when the temperature is expanded to a wider range as depicted in Figure 7 .
In reference to the cogeneration system, it strongly suggests that the SOFC has to operate within a range between 850 and 950 K as to boost the global exergy efficiency. A noticeable trend is that lowering U F at a given temperature, the exergy efficiency of the SOFC increases in contrast to Figure 6 . The reason is because in spite of increasing U F ,w h i c hi s assumed to increase the useful external current, there are other types of irreversibilities caused mainly by electronic and ionic conduction throughout the SOFC components (i.e. leakage currents [1] ) that determine these atypical bending-over exergy efficiency curves. For the sake of comparison, a previous work [8] reports lower exergy efficiencies, for the cogeneration system, at different inlet temperature. The reason is because of the different U f v a l u e su s e di nt h i sw o r k .
On the other hand, the steam-to-carbon ratio (SC) is one of the key parameters in the operation of a SOFC that is worth analyzing. In particular, the SC defines whether carbon deposition at cell anode is built up, which causes that more heat is generated and less H 2 is consumed in the electrochemical reaction. In this respect, Figure 8 shows that at higher SC ratios, the exergy efficiency of the SOFC stack and of the cogeneration system slightly decreases as a result of the less chemical energy converted into electrical energy as previously explained. Furthermore, a noticeable trend is that lowering temperature at a given SC ratio, both exergy efficiencies increases in agreement to Figure 7 . In order to show the effect of U F on exergy efficiency and at given values of SC ratio, Figure 9 is presented. It is worth observing that exergy efficiency is slightly sensitive to SC ratio at U F lower than 0.85. In contrast, at higher U F values than 0.85, the effect is considerably more noticeable. It is also interesting the bendingover behavior appearing at U F = 0.9, which is the result of other voltage losses as explained above. To be consistent, Figure 6 shows that at higher values of U F the exergy efficiency bends over as occurs in Figure 7 .
Finally, Figure 10 depicts the calculated efficiency defect, δ, for the most representative components of the total system (i.e. SOFC-VARS system). It is worth mentioning that the efficiency defect represents the portion of exergy or useful energy that is destroyed in each component [28] . For any case, it is noticeable that the component where the most exergy is destroyed is the heat exchanger 3 (coinciding with a previous work [8] ), which is located at the end of the SOFC stack, the reason is because this is the largest heat exchanger and controls the heat that is sent to the generator of the adsorption refrigeration system.
Another noticeable observation is that increasing current density the efficiency defect of the SOFC, afterburner and heat exchanger increases, respectively, 10, 30 and 35% roughly ( Figure 10 ). Moreover, it is observed from this figure that the other components are not considerably affected with respect to the current density of the SOFC. This explains why the exergy efficiency is lower than the energy efficiency discussed in Figure 4 . Figure 9 . Effect of the steam-to-carbon ratio on exergy efficiency at three different levels of U F ratios.
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Conclusions
A solid oxide fuel cell/adsorption refrigeration system for electricity and cooling generation is evaluated in terms of exergy. From a thermodynamic standpoint, a combined system is a highly efficient way of making use of heat which would otherwise be lost during the production of electricity and converts it into useful thermal energy so as to boot a vapor adsorption refrigeration system as described herein. All the mathematical models are thoroughly described in order to provide a robust and thorough exergy analysis of the system. Hence the following conclusions are worked out:
1. It is interesting to mention that applying a first law analysis it is not sufficient to evaluate the amount of usable energy that is destroyed throughout the system as evidenced in Figure 4 .
2. The first law efficiency and second law efficiency of the SOFC stack and of the cogeneration system are affected with the SOFC current density.
3. The effect of the fuel utilization factor (U F ) on the exergy efficiency of the cogeneration and the SOFC is not substantial at U F lower than 0.85.
4.
The analysis of the effect that fuel inlet temperature has on the exergy efficiency of both the SOFC and the SOFC-VARS system demonstrates a bending-over behavior that becomes more pronounced at higher U F values. The significance of this behavior results from the irreversibilities caused by other mechanisms such as the electronic and ionic conduction in the SOFC.
5.
The exergy efficiency of both the SOFC and SOFC-VARS system is slightly sensitive to steam-to-carbon ratio, notwithstanding the temperature.
6. The effect of steam-to-carbon ratio on exergy efficiency at different values of U F is noticeably more pronounced at higher U F . This suggests that a more detailed analysis has to be carried out to unveil the root causes. Advanced Exergy Analysis of an Integrated SOFC-Adsorption Refrigeration Power System http://dx.doi.org/10.5772/intechopen.74201 83
7. The components where most of the input exergy is destroyed are the heat exchangers, the SOFC, the afterburner and the generator. This is an advantage of the exergy analysis since it permits to pinpoint the main components where useful energy is destroyed. So efforts to improve the total system efficiency have to be targeted at these components.
Finally, it only remains to say it would be interesting to know if this model is economical and environmentally attractive and it is a project underway.
